EPQTHZEIZ OEQPIAZ MAGHMATIKSOIN KATEYOYNZHZ I AYKEIOY
A. OPTIO-ZYNEXEIA ZYNAPTHZHZ

1.Na dwaeTe Tov 0pIoH6 TNG ouvdpTnong Kai va eEnyRoeTe TI gival To tedio opiopoU Kai Ti To
oUvoAo TIPHWV Hiag ouvdpTthong.(ZeA. 15).

2. T gival n ypagikf Tapdotaocn Hiag cuvdptnong; Me moié TpoTo pumopoUpe amd Th ypd@Iki
TapdoTach va ppoUpe To Tedio opiodoU Kal To OUVOAO TIHWY ThG ouvdpThong; (ZeA. 16-17).
3.TToTe dUo auvapThoeig AéyovTal ioeg; Na dwaoeTe mapddelypa ouvapTAGEwyY TTou éxouv idio TUTO,
aAAd diapopeTikd Tedio opiapol. OswpolvTal auTég ioeg; (ZeA. 23)

4 TToTe ka1 WG opiCovTal ol Téooepic Tpdaeic petal dUo ouvapThoswy; (ZeA. 24)

5.TTwg opiCeTal n ouvBean dUo ouvapTAoewy; TToio eival To Ttedio opiopoU TG, Ti PTropeiTe va
TEiTE yid Th oUvOeon Tpiwv ouvapThoswy; (ZeA.25,26).

6.TToTe Aéue 6TI Wia ouvdpTnon cival yvAoia povotovh, Na avagépeTe Toug opiopoUc Kai yid Ta dUo
€idn povoToviag.(ZeA. 31,umAé TAaiaio).

7.Ti gival To géyioTo Kal TI To €AAXI0TO HIAC OUVAPTNONG:

(ZeA.32,mAdioio) .

8.TToTe ia ouvdptnon Aéyetar 1-1; TToTe pia ouvdptnon civar 1-1; Na dwoeTe mapddeiypa téroidg
ouvdapTnong kai va eENyAoETe Told ouvETEeld £Xel h 1816ThTa Tou 1-1 aTn ypagikh TtapdoTtaon
ouvdpTnong.(ZeA. 33, 34 kai oxhua).

9.TTwc¢ kai moTe opileTal n avrioTpowh Hiag cuvdpTtnong f ; TTwg ouppoAileTar; Ti éxeTe va
TAPATNPACETE YId TIC YPAPIKEC TAPACTACEIC dUO avTIoTPOYWV ouvapTRoEWV,; XpNoIUOTIOINOTE
éva mapddeiypa.( ZeA. 35-36).

10.Na avagépeTe 60e¢ 1810ThTEC TWV opiwv yvwpileTe.(ZeA. 42, 43, 44, 47, 48 6Aa Ta umAe
TAdioia).

11. Na anodcifeTe 0TI To 0p10 TOAUWVULIKAGC HE TO X VA TEIVEI OTO X, looUTal HE TAV TIUR Tou
TOAUWVUHOU YIa X=Xo. (ZeA. 49)

12.Na avagépete To KpITAPIO TAPEUPOANG Kal va dwoeTe éva Tapddelyda uttoAoyigpoU opiou He TN
PponBeid Tou.(ZeA. B1).

13. Ta ymAe Adioia Twyv geAidwy 52, 53.

14 Na avagépete 0AeC TIC apoadidpIoTEC HOPYEC Yia Ta Opid aBpoiopatog, yivouévou, diapopdc
Kal TThAikou ouvapThoswv.(ZeA. 61).

15. Na dwoeTe Tov oplopd The akoAouBiac kaBwce kai Tou opiou piag akoAouBiag. (68)

16.Na dwaoeTe Tov 0pIgUd TNC ouveXoUC ouvdpTNoNG Kal vad TTEITE O€ TTOIEC TTEPITITWAEIC Hid
ouvdpTnoh BcwpoUpe 0TI TApouaidlel AdoUVEXEID 0 KATIOI0 ONpEio Tou TTediou oplopol ThG.(Z eA.
70-71).

17.Na avagépeTte 0AeC TIC HopYEéG ouvapTRoewy TTou Bewpolpe ouvexeic KaBWG Kal OAEC TIG
mpdaeig peTall ouvexwv ouvapTRoswy Tou odnyouv oc auvexh ouvdpthon.(ZeA. 71-72)

18.TTé6Te pia ouvdpThon civar ouvexic oto (a,p) kai méte oto [a,p]; (ZeA. 73).

19.Na avagépeTe To Bewpnua Bolzano kai va e€nynoete yiarti Aéue 611 h pila PppiokeTal aTo
avolKTO Kai 0X1 aTo KAEIoTO didoThua.(ZeA. 74).

20.Na diatunwoeTe Kal va amodeifeTe To Ocwpnpa evdidaueowy TIHwv. (ZeA. 76)

21. Na avagépeTe To Ocwpnua péyioTng Kai eAdx10TnG TIHAC Hiag ouvdpTtnong. TTwg umoAoyiloupe
TO gUvoAo TIHWY piag yvAoia av§ouaag kai auvexouc ato [a,p] ouvdptnong. Tt aAAdler av h
ouvdpTnon civai yvioia gBivouaoa; (ZeA. 77, 78).
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r.AIAZOPIKOZ AOIIZMOZ

1.TTwc opiCeTal n epamTopévn Hiag ocuvdpthong oe éva ohpeio Tng; TToid e€iowon éxel n
epanTopévn; (ZeA. 94, Aaioio kai pavpa ypdupara).

2.TTéTe wa ouvdpTtnon f AéyeTal Tapaywyioiun oc éva angeio Xo; Na ypdyete 6Aoug Toug TpOTTOUC
HE TOUC 0TToioUG HTTopoUe va Th ouppoAicoupe. (ZeA. 95)

3.Na anodeifete o011 av pia ouvaptnon f cival mapaywyioipyn oc éva onyeio Tou wediov
oplopol TG TOTE cival Kal ouvexN¢ oTo onueio auto. Na deifete pe éva avrimapadeiypa oTi
To avrioTpowo dev 1oxVel.(ZeA. 99).

4 Na umroAoyioete pe Tn Pondeia Tou opiopol , TIC TAPAYWYOUC CUVAPTAOEIC TWV maPAKATW
ouvapThoewv: f(x)=c, f(x)=x, f(x)=x", f(x)= Jx. (ZeA.105,106)

5. Na ypdyeTe Toug TUTTIOUG TTOU divouv TIC Ttapaywyoug aBpoiopatoc (Ue anddeifn), yivouévou
Kal TthAikou dUo ouvapThoewv.(ZeA. 111, 112, 113).

6. Na Ppeite TIC TApaywyoug ThG €@X Kal TNG opX He Th PonBeia Twy Kavovwy Ttapaywyiong
(ZeA. 114).

7 .Na diatunwaoeTe Tov Kavova ThG aAucidac kai He Th Pondeia Tou va UmoAOYIOETE TIC
nmapaywyouc Twv X°, a*, In |x|.(ZeA. 116,117).

8.T1 ovopdloupe puBpd peTaPoAnG evog HeyéBoug X we pog éva péyeBog y;(ZeA.123).

9.Na diatuntwaoeTe To BOcwpnua Rolle kar pe Tn PonBeia evag oxAKATOC va To epUNVEUOETE
vewWeTpIKA.(Z¢eA. 128).

10.Na diaturtwoeTe To Ocwpnua Méang TipAg Kail pe Th PonBeia evog oxAPATOC va To
epUNVEUOETE YEWHETPIKA.(ZeA. 128).

11. Na anodcifete 671 av pia ouvdptnon f civar ouvexic oe éva didotnpa A kai 1oxVel yia
autiv 6T ' (x)=0 yia kGOe cowTepikd onpeio Tou diaoTApartoc A, TéTte n f eivai
otaBepn.(ZeA. 133).

12.Av f,g cival 3Uo ouvapTROEIC OPIoPEVEG Kal ouveXEiG aTo A Kail 10XUEI yid auTég OTI :
f'(x) = g'(x) yia K@Oe X eowTepikd onpeio Tou A, va dcifeTte 6TI Uapxel oTaBepd ¢ TéTola
wote f(x)=g(x)+c , yia k@Oe x mou avikel oto A.(ZeA. 133).

13.Av pia ouvaptnon f civai ouvexic oto A kai f'(x)>0 yia kGOe sowTepiké onpeio Tou A
16Te n f cival yvnoiwg av€ouoa oto A.(Avriotoixa, av f'(x)<0, téte n f civar yvioia
pOivouca oto A).(ZeA. 135).

14 TT6Te Aépe 6T pia ouvdpThonh Ttapoucidlel ToTiKG PéYIoTo (TOTIKO EAAXIOTO) OE £va ONUEIO Xo.
(ZeA. 140,141).

15.Na diatunwoete Kai va anodeiere To Ocwpnua Fermat. (ZeA. 142).

16.TToiéc ouvOnkeg mpémel va 10XUoUV WaoTe Hia ouvdpthon f va €xel TomkO akpdTATO OF
éva onyeio Xo. Na paOere Tn oxeTikn anodeifn. (ZeA. 144).

17.TTo6Te xapakTnpioupe pia ouvdpTnon koiAn kai ToTe KUPTA; TTolo €ival To KPITAPIO HE TO OTTOIO
douAcUoupe yia va dWaoupe éva TETOI0 XApakTnpiodo o pia cuvdpTtnon; (ZeA. 155, 156, Ta
TAdioia).

18.TToTe éva anpeio (Xo.f(Xo)) ovopudleTal onpeio KApUTACG yia pia ouvdpThon f ; Me Toio KkpIThApIO
Pppiokoupe To onpeio kapmAg; (ZeA. 157, 158).

19.T1 mpémer va 1oxVel via va gival pia euBeia TNG HOPYAG X=X0, AOUPTITWTN TN YPAWIKAG
TapdoTtaong Hiag ouvdpthong; (ZeA. 161).
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20.T mpémer va 1oxVel woTe pia euBeia TNG HopPAG y=Ax+p va gival doUPTITWTN TG YPAPIKAG
TapdoTaong Hiag ouvdptnong: TT10Te auTh xapakTnpileTal TAdyia kai ToTe op1{6vTId ACUUTITWTN;
(ZeA. 162).

21.Na avapépeTe o€ TOIEG TEPIMTWOEIG KAl TTWG £@appoleTal To Bswpnpa Tou De I' Hospital.Na
vpdyeTe amod éva mapadeiypa yia kaBe mepimTwon. (ZeA. 164,165).

A. OAOKAHPQTIKOZ AOITZMOZ

1.T1 ovopdloupe mapdyouoa piag ouvdptnong: (ZeA. 185).

2.Av f civai pia ouvdptnon opiopévn oc éva didotnua A kai F eival pia mapayovoa tng f oto
A, téte va dcifere oTi:

i. OAec o1 ouvapThoeic TG Hopwhc G(x)=F(x)+c eivai emiong mapayouoec Tng f.

ii. Ka@e aAAn mapdayouvoca 6 Tnc f oto A maipvel Tn poppn: G(x)=F(x)+c.(ZeA. 186).

3.Ti givail To opiopévo oAokARpwpa piag ouvexoug ouvdptnong f ; TToieg 1810TTeg éxel; (ZeA.
212,214, 6Aa Ta Adioia).

4 AiaturwoTte Kal anodeifTe To OgpeMwdec Oswpnpa Tou oAokAnpwWTIKOU AoyiopoU. (ZeA.
216,217).

5. MdBcte t0 0x6Al0 OU avawépetal atn emonTk amodeln tou Bswprnpatoc tne geAidac
(216).

6.Amodeite ot av pa ouvaptnon f malpvel Tyeg pn Betikég ato [a,P], tote To ePadov tou
Xwplou mou mepwkAeictatl amé ) ypapk e mapdotacn, tTov XX Kal Ti¢ evBelec x=a, x=P,

dlvetal and t axéon: E(Q) =— K f(x) dx.(ZeA. 226).

7.Na amodeifete ot 0 £uPadov tou xwplou mou TepKAE(ETAL ATTO TIC YPAPIKES TTAPACTACELS
Twv ouvapthigewv f,g Kat Tig eVBeles x=a, x=P, divetat amo tn oxéon:

E(Q) = jﬁ () - g(x)|dx.(Z€A. 227).

MaTtab, 6 kar 7 éxw em@UAAGEEIC via To av Kal TWE pttopolv va {nTnBoulv. Aev éxw Ppel améd To
2000 Tou mpooTa®w £0Tw Kai £vav axoAiko cUpPouAo TTou va pmopei va dwael Hia utteBuvn
amavrtnhon!

KaAé didapaopal
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